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Abstract— In addition to interference and noise reduction, an
important objective of binaural speech enhancement algorithms
is the preservation of the binaural cues of both the target and
the undesired sound sources. For directional sources, this can
be achieved by preserving the relative transfer function (RTF).
The recently proposed binaural minimum variance distortionless
response (BMVDR) beamformer preserves the RTF of the target,
but typically distorts the RTF of the interfering sources. Recently,
two extensions of the BMVDR beamformer were proposed
preserving the RTFs of both the target and the interferer, namely,
the binaural linearly constrained minimum variance (BLCMV)
and the BMVDR-RTF beamformers. In this paper, we generalize
the BMVDR-RTF to trade off interference reduction and noise
reduction. Three special cases of the proposed beamformer are
examined, either maximizing the signal-to-interference-and-noise
ratio (SINR), the signal-to-noise ratio (SNR), or the signal-tointerference ratio (SIR). Experimental validations in an office
environment validate our theoretical results.

I. I NTRODUCTION
In the last decades, several binaural speech enhancement
algorithms were developed, which in addition to reducing
noise and limiting speech distortion aim to preserve the
binaural cues of the sound sources [1]–[10]. By preserving
the binaural cues, both an improved sound localisation as well
as a better speech intelligibility in noisy environments can be
achieved as a result of binaural unmasking [11]. For directional
sources, preservation of the interaural level difference (ILD)
and the interaural time difference (ITD) cues can be achieved
by preserving the so-called relative transfer function (RTF),
which is defined as the ratio of the acoustic transfer functions
(ATFs) relating the source and the two ears.
In [3], the binaural multichannel Wiener filter (BMWF)
was presented. The BMWF preserves the binaural cues of the
target but distorts the binaural cues of the noise, such that
both the target and the noise are perceived as arriving from
the target direction [3]. To optimally exploit the benefits of
binaural unmasking and to optimize the spatial awareness of
the hearing aid user, several extensions of the BMWF have
been proposed, which aim to preserve also the binaural cues
of the residual noise [6]–[9].
This work was partially supported by a joint Lower Saxony-Israeli Project,
funded by the State of Lower Saxony in Germany.
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If the target needs to be processed without distortion, the
binaural minimum variance distortionless response (BMVDR)
beamformer (BF) can be applied [3]. However, similarly to
the BMWF, an important drawback of the BMVDR BF is the
fact that the binaural cues of the noise are not preserved. To
control both the suppression and the binaural cue preservation
of a directional interferer, the binaural linearly constrained
minimum variance (BLCMV) BF was proposed in [4], [10].
In the BLCMV criterion, a hard constraint controlling the
amount of interference reduction was added to the BMVDR
cost function. It was shown that the BLCMV BF is able to
preserve the binaural cues of both the target and the interferer.
In [5], another extension of the BMVDR BF was proposed,
namely the BMVDR-RTF, which is also able to preserve the
binaural cues of both the target and interferer by adding a hard
constraint preserving the RTF of the interferer to the BMVDR
cost function. It was analytically proven that the BMVDR-RTF
BF outperforms the BLCMV BF in terms of SINR.
In this paper, we propose an extension of the BMVDR-RTF
BF by generalizing the BMVDR-RTF cost function to trade
off interference and noise reduction using a weighting parameter. The obtained BF, referred to as the G-BMVDR-RTF, is
analyzed and specific settings of the weighting parameter are
examined, in particular three special cases either maximizing
the SINR, the SNR, or the SIR.
II. P ROBLEM F ORMULATION
Consider a binaural hearing aid system consisting of two
hearing devices with a total of M microphones and an
acoustic scenario comprising one target speech source and one
directional interferer in a noisy and reverberant environment.
In the frequency-domain, the M -dimensional stacked vector
of the received microphone signals y (ω) can be written as
y (ω) = x (ω) + u (ω) + n (ω) = x (ω) + v (ω) ,

(1)

where x (ω) is the target component, u (ω) the interferer
component, and n (ω) the background noise component (e.g.,
diffuse noise). The vector v (ω) = u (ω) + n (ω) is defined as
the total noise component, i.e. the interferer plus background
noise component. For brevity, the frequency variable ω is
henceforth omitted.
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The target and interferer components can be written as
x = Sx a and u = Su b, where Sx and Su denote the target and
interferer signals and a and b denote the ATFs relating the microphones to the target and the interfering source, respectively.
Assuming statistical independence between all components
in (1), the spatial correlation matrix of the microphone signals
Ry can be written as

Ry = E yyH = Rx + Ru + Rn = Rx + Rv ,
(2)
 H
 H
 H
where Rx = E xx , Ru = E uu , and Rn = E nn
denote the target, interferer, and background noise correlation
matrices, respectively, and E {·} is the expectation operator.
The target and interferer correlation matrices are rank-1 matrices, i.e.
Rx = Ps aaH , Ru = Pu bbH ,
(3)


where Ps = E |Sx |2 and Pu = E |Su |2 denote the
power spectral density (PSD) of the target and the interferer,
respectively. The background noise correlation matrix Rn is
assumed to be full-rank.
The reference microphone signals at the left and right
hearing devices (e.g., selected as the microphones closest to
H
the ears) are given by yL = eH
L y and yR = eR y, respectively,
where eL and eR are M -dimensional selector vectors with
one element equal to 1 and all other elements equal to zero.
From (1), the reference microphone signals can be written as
yL = Sx aL + Su bL + nL , yR = Sx aR + Su bR + nR . (4)
The RTFs of the target and the interferer between the reference
microphones at both hearing devices are defined as the ratio
of the respective ATFs, i.e.
RTFin
x =

aL
,
aR

RTFin
u =

bL
.
bR

(5)

The output signals at the left and the right hearing devices
H
are given by zL = wH
L y and zR = wR y, respectively, where
wL and wR denote M -dimensional complex-valued weight
vectors. Furthermore, we
 define theT2M -dimensional stacked
weight vector as w = wL wR
.
The binaural output SINR is defined as the ratio of the
average output PSDs of the target component and the total
noise component (interferer plus background noise) in the left
and the right hearing aid, i.e.
SINRout =

H
wH
L Rx wL + wR Rx wR
.
H
H
wL Rv wL + wR Rv wR

(6)

Similarly, the binaural output SIR and SNR are defined as the
ratio of the average output PSDs of the target component and
the interferer and background noise components, respectively,
in the left and the right hearing aid, i.e.
SIRout =
SNRout =

wH
L Rx wL
H
wL Ru wL
wH
L Rx wL
H
wL Rn wL

+ wH
R Rx wR
,
H
+ wR Ru wR
+ wH
R Rx wR
.
H
+ wR Rn wR

(7)
(8)

Using (6), (7), and (8), it can be easily shown that
1
1
1
.
out =
out −
SNR
SINR
SIRout

(9)

III. B INAURAL NOISE REDUCTION TECHNIQUES
In section III-A, we briefly review the BMVDR, BLCMV
and BMVDR-RTF BFs. In section III-B, we then propose a
novel generalized MVDR-based BF.
A. BMVDR, BLCMV, and BMVDR-RTF beamformers
The BMVDR BF is designed to reproduce the target component of both reference microphone signals without distortion,
while minimizing the total noise power, i.e.

min wH
s.t. wH
L Rv wL
L a = aL ,
wL
 H
min wR Rv wR s.t. wH
(10)
R a = aR .
wR
The well-known solution for the constrained optimization
problem in (10) is given by [3]
wL =

R−1
v a
a∗L ,
H
a
a R−1
v

wR =

R−1
v a
a∗R .
H
a
a R−1
v

(11)

This implies that wL and wR are parallel, i.e. wL =
∗
(RTFin
x ) wR . Hence, all sound sources (i.e. target, interferer,
and background noise) are perceived as arriving from the target
direction. Therefore, the RTF of the interferer is typically
distorted, which is clearly an undesired phenomenon, since
the spatial impression of the acoustic scene is altered.
In order to suppress the interferer, while preserving its
RTF, the BLCMV BF was proposed in [4], [10], by adding
constraints to the BMVDR cost function, i.e.

H
min wH
s.t. wH
L Rv wL
L a = aL , wL b = ηbL ,
wL

H
min wH
s.t. wH
(12)
R Rv wR
R a = aR , wR b = ηbR ,
wR
where the real-valued scaling parameter η, with 0 ≤ η ≤ 1,
sets the amount of interference reduction. Both constrained
criteria in (12) can be combined as a general LCMV criterion
with multiple constraints on the stacked vector w, i.e.

min wH RV w
s.t. CH
(13)
BLCMV w = bBLCMV ,
w
where the BLCMV constraint set is given by
 ∗ 
aL


 a∗ 
a 0M
b 0M
R
CBLCMV =
, bBLCMV = 
ηb∗L  ,
0M
a 0M
b
ηb∗R
(14)
with 0M the M -dimensional all-zero vector, and


Rv
0M ×M
RV =
,
0M ×M
Rv

(15)

with 0M ×M the M × M -dimensional all-zero matrix. The
solution for the general LCMV problem in (13) is given by
h
i−1
H
−1
w = R−1
C
C
R
C
bBLCMV . (16)
BLCMV
BLCMV
BLCMV V
V
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Since the BLCMV BF satisfies the distortionless response
constraints in (12) for the target, the RTF of the target at the
output of the BLCMV BF is equal to the input RTF, i.e.
aL
RTFout
=
= RTFin
(17)
x
x .
aR
In addition, since the BLCMV BF satisfies the constraints
in (12) for the interferer, the RTF of the interferer at the output
of the BLCMV BF is equal to the input RTF, i.e.
bL
= RTFin
(18)
u.
bR
Hence, the BLCMV BF preserves the RTFs of both the target
and the interferer.
In order to preserve the RTF of the interferer, another
extension of the BMVDR BF was proposed in [5], referred
to as the BMVDR-RTF BF, by adding an RTF constraint to
the BMVDR cost function, i.e.

H
min wH
L Rv wL + wR Rv wR
w
bL
wH
H
Lb
.
(19)
=
s.t. wH
L a = aL , wR a = aR ,
b
wH
b
R
R
RTFout
u =

Due to the constraints in (19), the BMVDR-RTF BF also
preserves the RTFs of both the target and the interferer.
Mathematical expressions for the BMVDR-RTF BF will be
given in Section III-C.
B. G-BMVDR-RTF beamformer
In this section, we propose an extension of the BMVDRRTF BF. The constrained optimization problem in (19) is generalized by substituting Rv with R̃v = ξRu +Rn , where ξ ≥ 0
is a weighting parameter enabling to trade off interference
reduction and background noise reduction. The resulting GBMVDR-RTF criterion is hence given by

H
min wH
L R̃v wL + wR R̃v wR
w
bL
wH
H
Lb
=
s.t. wH
.
(20)
L a = aL , wR a = aR ,
b
wH
b
R
R
Since the RTF constraint is equivalent to the linear constraint
in H
wH
L b − RTFu wR b = 0, the G-BMVDR-RTF criterion in (20)
can be reformulated as

min wH R̃V w s.t. CH
(21)
RTF w = bRTF ,
w
where the G-BMVDR-RTF constraint set is given by
 ∗


aL
a 0M
b
CRTF =
, bRTF = a∗R  ,
(22)
in
0M
a −RTFu b
0
and


R̃V =

R̃v
0M ×M

0M ×M
R̃v


.

(23)

Similarly to (16), the solution for the LCMV problem in (21)
is given by
h
i−1
−1
w = R̃V CRTF CH
R̃
C
bRTF .
(24)
RTF
RTF V

Since the G-BMVDR-RTF BF satisfies the distortionless
response constraints in (20) for the target, the RTF of the
target at the output of the G-BMVDR-RTF BF is equal to the
input RTF, i.e.
aL
= RTFin
(25)
RTFout
=
x .
x
aR
In addition, since the G-BMVDR-RTF BF satisfies the RTF
constraint in (20) for the interferer, the RTF of the interferer
at the output of the G-BMVDR-RTF BF is equal to the input
RTF, i.e.
RTFout
u =

bL
= RTFin
u.
bR

(26)

Hence, similarly to the BLCMV BF, the G-BMVDR-RTF BF
preserves the RTFs of both the target and the interferer.
As a result of the distortionless response constraints for the
target in (20) and the rank-1 structure of Rx in (3), the output
PSD of the target is equal to
H
2
2
wH
L Rx wL + wR Rx wR = Ps (|aL | + |aR | ).

Therefore, the criterion in (20) is equivalent to
)
(
H
wH
L R̃v wL + wR R̃v wR
s.t. CH
min
RTF w = bRTF .
HR w
w
wH
R
w
+
w
x
L
x
R
L
R

(27)

(28)

Using (7) and (8), the criterion in (28) can be interpreted as


ξ
1
min
+
(29)
s.t. CH
RTF w = bRTF .
w
SIRout
SNRout
Hence, by substituting (9) into (29) and rearranging terms,
(29) can be rewritten as


ξ
1−ξ
min
(30)
s.t. CH
+
RTF w = bRTF ,
w
SINRout
SNRout
i.e. the weighting parameter ξ trades off output SINR and
output SNR.
C. Special cases of the G-BMVDR-RTF beamformer
Three special cases of the G-BMVDR-RTF BF deserve
attention, namely ξ = 1, ξ = 0, and ξ → ∞.
Case 1: By setting ξ = 1, the G-BMVDR-RTF BF reduces
to the BMVDR-RTF BF in (19). In this case the constrained
criterion in (30) is equivalent to

max SINRout s.t. CH
(31)
RTF w = bRTF ,
w
hence resulting in the constrained maximum binaural SINR
criterion subject to a distortionless response constraint for the
target and an RTF preservation constraint for the interferer.
Among all BFs that are distortionless with respect to the target
and preserve the binaural cues of the interferer, the proposed
G-BMVDR-RTF BF with ξ = 1 is optimal in terms of SINR,
and is hence referred to as the maxSINR-RTF BF.
Since the BLCMV BF satisfies the same constraints as
in (31), the output SINR of the BLCMV BF is always lower
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than or equal to the output SINR of the maxSINR-RTF BF,
i.e.
out
SINRout
SINR-RTF ≥ SINRBLCMV .

(32)

In addition, since the reference microphone signals at the input
to the binaural BF also satisfy the same constraints as in (31),
the output SINR of the maxSINR-RTF BF is always larger
than or equal to the input SINR, i.e.
in
SINRout
SINR-RTF ≥ SINR .

(33)

Case 2: By setting ξ = 0, the constrained criterion in (30)
is equivalent to

max SNRout s.t. CH
(34)
RTF w = bRTF ,
w
hence resulting in the constrained maximum binaural SNR
criterion subject to a distortionless response constraint for the
target and an RTF preservation constraint for the interferer.
Therefore, among all BFs that are distortionless with respect
to the target and preserve the binaural cues of the interferer,
the proposed G-BMVDR-RTF BF with ξ = 0 is optimal in
terms of SNR, and is hence referred to as the maxSNR-RTF
BF.
Since the BLCMV BF satisfies the same constraints as
in (34), the output SNR of the BLCMV BF is always lower
than or equal to the output SNR of the maxSNR-RTF BF, i.e.
out
SNRout
SNR-RTF ≥ SNRBLCMV .

(35)

In addition, since the reference microphone signals at the input
to the binaural BF also satisfy the same constraints as in (34),
the output SNR of the maxSNR-RTF BF is always larger than
or equal to the input SNR, i.e.
in
SNRout
SNR-RTF ≥ SNR .

(36)

Case 3: By setting ξ → ∞, minimizing the criterion in (29)
can only be obtained if SIR → ∞, corresponding to a perfect
H
null directed toward the interferer, i.e. wH
L b = 0 and wR b = 0.
Hence, the constrained criterion reduces to

H
min wH
L Rn wL + wR Rn wR
w
H
H
H
s.t. wH
(37)
L a = aL , wR a = aR , wL b = 0, wR b = 0.
The G-BMVDR-RTF BF with ξ = ∞ hence maximizes the
SIR and is equivalent to the BLCMV BF in (12) with η = 0.
Note that implementing all considered BFs requires knowledge of the RTF vectors, defined as the ATF vectors a and
b normalized by the respective ATFs of the reference microphones, rather than the ATF vectors. Estimation procedures
for all components of the BFs exist, but are beyond the scope
of the current contribution. Practical aspects concerning these
estimation procedures, as well as a generalization to multiple
interferers, are described in [10].

IV. E XPERIMENTAL VALIDATION
In this section, the performance of the BMVDR, GBMVDR-RTF(ξ), and BLCMV(η) BFs is evaluated for various
weighting and scaling parameters ξ and η. To verify the
theoretical analysis, we used measured Behind-The-Ear impulse responses (BTE-IRs) from [12] and artificial sources. All
experiments were carried out using M = 2 microphones, i.e.
one microphone on each hearing aid, at a sampling frequency
of 16 kHz. The acoustic scenario comprised one target at
θx = −30◦ and 1 m from the artificial head, one interferer at
different angles1 (also 1 m from the artificial head) and diffuse
background noise. The angle θ = 0o corresponds to the frontal
direction and θ = 90o corresponds to the right side of the head.
The reverberation time was approximately 400 ms. The PSDs
of the target and the interferer Ps and Pu were calculated
from two different speech signals (Welch method using FFT
size of 512 and Hann window). For the background noise
a cylindrically isotropic noise field was assumed, where the
spatial coherence matrix was calculated using anechoic ATFs
of the same database and the PSD of the background noise
was equal to the PSD of speech-shaped noise. The wide-band
input SIR and SNR were both set to 0 dB. The G-BMVDRRTF(ξ) was evaluated for weighting parameters ξ equal to 0,
0.1, 1, 100, and 106 . The BLCMV(η) was evaluated for scaling
parameters η equal to 0, 0.1, and 0.5.
Fig. 1 depicts the performance of the considered BFs in
terms of wide-band SINR, SIR, and SNR, which are defined
as the ratio of the average PSDs of the target and the total
noise, interferer and background noise, respectively, over all
frequency bands. Please note that the y-axis scaling of the
left and the right sub-figures is different as a result of a huge
performance difference for different values of the weighting
parameter ξ and for the BLCMV BF. It is observed that the
BMVDR BF outperforms all other considered BFs in terms
of SNR and SINR. However, since the BMVDR BF does not
preserve the binaural cues of the interferer, we will mainly
focus on the comparison between all other cue preserving BFs.
Fig. 1(a) and Fig. 1(b) show that the G-BMVDR-RTF(1) BF,
i.e. the maxSINR-RTF BF, outperforms all other BFs in terms
of SINR. Fig. 1(c) and Fig. 1(d) show that the G-BMVDRRTF(0) BF, i.e. the maxSNR-RTF BF, outperforms all other
BFs in terms of SNR. While for ξ equal to 0, 0.1 and 1,
the SINR and SNR gains are higher than zero, for larger
values of ξ, the relative importance of interference reduction
increases (cf. (29)), resulting in SINR and SNR gains that are
possibly even lower than zero. Fig. 1(e) and Fig. 1(f) show
that for ξ equal to or larger than 1, the G-BMVDR-RTF BF
outperforms the BMVDR BF in terms of SIR. As ξ increases,
the SIR becomes higher. For very large ξ, e.g., ξ = 106 , the
G-BMVDR-RTF BF achieves the same SINR and SNR gains
as the BLCMV BF for η = 0.
Note that the dimension of the stacked vector w in the
examined scenario is equal to 2M = 4. In order to maintain
degrees of freedom for the minimization in (12) and (20), it is
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to one, the obtained BMVDR-RTF BF is optimal in terms
of SINR. Moreover, the SINR at the output of the BMVDRRTF BF is always larger than or equal to the input SINR
(which cannot be guaranteed for the BLCMV BF). Similarly,
when ξ is set to zero, the obtained G-BMVDR-RTF BF is
optimal in terms of SNR. Moreover, the SNR at the output
of the BMVDR-RTF BF is always larger than or equal to the
input SNR (which again cannot be guaranteed for the BLCMV
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of the G-BMVDR-RTF BF and the scaling parameter of the
BLCMV BF, such that in the extreme case obtained by setting
ξ = ∞ and η = 0, the G-BMVDR-RTF and the BLCMV BFs
coincide. The relation for other values of ξ and η is left to
future research.
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Fig. 1. Wide-band binaural SINR, SIR and SNR gains for the BMVDR, GBMVDR-RTF and BLCMV BFs for various weighting and scaling parameters
as a function of interferer angle (office environment, target at −30◦ , M = 2).

required that the number of constraints is lower than 2M = 4.
While the number of the constraints in the G-BLCMV-RTF
constraint set in (22) is equal to 3, there are 4 constraints in
the BLCMV constraint set in (14). Hence, in the BLCMV BF
there are no available degrees of freedom, resulting in SINR
and SNR gains that are possibly lower than zero (cf. Fig. 1(b)
and Fig. 1(d)). Fig. 1(f) show that the SIR for the BLCMV
BF is inversely proportional to η.
V. D ISCUSSION AND CONCLUSION
In this paper, a novel binaural noise reduction algorithm
based on the binaural MVDR criterion was introduced, designed to trade off the amount of interference reduction and
noise reduction while preserving the binaural cues of the
interferer. The obtained G-BMVDR-RTF BF is related to the
BLCMV BF proposed in [4], [10]. Both BFs preserve the
binaural cues of the target and the interferer and are controlled
by trade off parameters. However, the role of these parameters
is different.
For the BLCMV BF, the scaling parameter η controls the
amount of interference reduction, whereas the amount of noise
reduction cannot be controlled. E.g., setting η to a low value
for a scenario in which the interferer is close to the target,
may lead to noise amplification.
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